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This paper presents a performance evaluation of residual carrier communication systems
that employ a PCM/PM modulation technique operating over non-ideal channels. The non-ideal
channels under investigation include data asymmetry, an unbalanced data stream (i. e., transition
density deviates from 0.5) and InterSymbol Interference (1S1). In this particular modulation
scheme, the data (either NRZ or Bi-$) is directly modulated on the RF residual carrier. The
combined effect of both an imperfect data stream (e.g., data asymmetry and an unbalanced data
stream) and 1S1 on the average Symbol Error Rate (SER) is determined for NRZ and Bi-~ data
formats, and the results are compared, The performance degradations for uncoded and coded
systems are evaluated and compared. For coded systems, the performance degradation is
evaluated for convolutional code with rate 1/2 and constraint length 7.
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1. Introcluction

In part I of this paper [1], the separate effects of data asymmetry, unbalanced data
stream and bandlimiting  data channels on the performance degradations of the space
telemet]y systems that employed PCM/PM  modulation scheme have been investigated. [1]
studied in detailed the effects of each of the undesired sources such as data asymmet]y,
unbalanced  data and 1S1 caused by bandlimiting  channe]  on the Symbol Error Rate (SER)
performance of the PCM/PM  receivers. Moreover, the performance of the PCM/PM  with
NRZ data format (PCM/PM/NRZ)  has also been comparecl  with PCM/PM/Bi-@ in [1].

Since in reality, the practical PCM/PM  receivers operate in the presence of both data
imperfections and banclhmiting  channel, Note that the term “imperfect data stream”
considered in this paper includes the effects of both data asymmetry and imbalance
between + 1‘s and -l’s in the data stream (namely unbalanced data stream). Theoretical
predictions for the total symbol SNR clegraclation  of the receivers due to the presence of
these three undesired sources are not the algebraic sum of each symbol SNR degradation
due to a single source of degradation founcl in [ 1]. Therefore, it is necessary to study the
combined effects of these three sources on the error probability performance. In this
paper, mathematical models to evaluate the SER performances of the PCM/PM/NRZ and
PCM/PM/Bi-@ receivers in the presence of both imperfect data stream and bandlimjting
channel will be derived,

In the past, [3] has analyzed the combined effects of both data asymmetry and
bandlhniting  channel on the performance of the suppressed carrier systems where the
carrier tracking is not disturbed by the data interferences. Furthermore, when analyzed the
combined effects of data asymmetly  and 1S1 caused by band] imiting  channel, [3] assumed
that the amount of data asymmetly  is known so that an optimum sampling time can be set
for the sample detector.

The aim of this paper is to investigate and assess the impacts of the combined effects
of unbalanced data stream, data asymmetry and 1S1 on the performance degradation of the
PCM/PM  receivers. Both data formats, NRZ ancl Bi-@, are considered. This extends
previously reported work [3] to include PCM/PM  modulation schemes and the presence of
unbalanced data stream on the transmitting signal.

This paper is organized as follows: Section 2 introduces briefly the space telemetry
system models employing PCM/PM  modulation technique and SF.R performance for ideal
operating conditions. Section 3 derives a mathematical moclel to evaluate the combined
effects of unbalanced data stream, clata asymmetry ancl  1S1 on the PCM/PM/NRZ  system
performance. The combined effects of both imperfect data stream and bandlimitting  data
channel on PCM/PM/Bi-@ are analyzed in Section 4. Performance comparisons for
PCM/PM/NRZ  and PCM/PM/Bi-@ of both uncoded anti coded systems are presented in
Section 5. Finally, Section 6 presents the main conclusion of the paper.
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2. Space  ‘1’elen~et:y  System Models

.

Atypical space telemetrysystem  model shown in Figure  1 of[l]will bcconsiclered
in this paper. Again ,  In this mode], the data stream can be either NRZ. or 13i-@
(Manchester or Bi-phase)  data streamwith  ~%(lataa syl~~l~~etlyal  ~(latlal~sitiol~  density,
p,, which is less than 1/2. The data syl~ll~letly  l~loclels for NRZal~d  Ili-qbdat  astreams use
in the following analyses will be the same as shown in Figures 4(a) and 4(b) of [1],
respectively. The mathematica]  model  the transmitted telemetlysignal  is given by

s,(t) = Jm cos(@ + m~d(t)) (1)

where P is the transmitted power, OC = 2vfC is the angular carrier center frequency in
rad/see, m~ is the telemetry modulation index in rads which is less than 77-/2, and d(t) is
NRZ data Sequence (PCM/PM/NRZ)  or the Manchester clata waveform generated by the
binary (-&l) NRZ data sequence (PCM/PM/13i-@).

The received signal S,(t) is corrupted by additive white Gaussian noise n(t) with one-
sided noise spectral density NO, data asymmetry, unbalanced data and 1S1. Expanding the
received signal we have

3
S,(t) = W b~(m.l)cos(ti~Ct+ OO)-d(t)sin(ml)sin(  tiJCt -t O.) + n(t) (2)

where tiO is the initial phase offset caused by the transmission medium. The first and
second terms of Equation (2) are the residual carrier and data components, respectively.

As explained previously in [1, 2 and 4], the data asymmetry and imbalance between
+ 1‘s and -1’s in the data stream will produce undesired spectral components at the carrier
frequency creating an imperfect carrier reference which will in turn degrade the telemetly
system performance. In addition, the presence of 1S1 created by the band-limited channel
can cause further disturbance to the carrier reference.

Let 0, be the phase error due to the thermal noise and the interference caused by
the data asymmet]y  and unbalanced data stream then one can show that the signal output
of the integrate-ancl-dump  at time t = T, (where “r, clenotes the symbol period) is given
by [1]

r.

fZ ( T J  =  {~ sin(ml)cos((?o) ;{t)C(t)  dt  + n(TJ
o

(3)

where C(t) is the symbol sync clock shown in Figures 3(a) and 3(b) of [1] for NRZ. and
Bi-@,  respectively, Eqn  (3) assumes that the phase error process O. is essentially
constant during the symbol interval T,, and that the corrupting noise process n(TJ is a
zero-mean Gaussian ranciom  variable with a variance NoT,/2.
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The test statistic Z(T,) of Eqn  (3) represents the observed data at the receiver,
This test statistic is needed to determine the SER performance. Based on this test
statistic, the performance of the telemetry system shown in Figure 1 has been  evaluated
in [1] for separate undesired sources of degradation (e.g., data asymmetry, unbalanced
data and 1S1). On the other hand, [5] has derived the SER  for perfect data stream anti
uniimited  bandwicith  channel. The results are presente(i  here for the purpose of
comparison,

The average probability of error is given by [1]

P, = [ pe(~e)p(~,)d~c
0,

(4)

where P~(OJ is the conditional probability of error and P(t)e) is the probability density
function (pdf)  for O.. For perfect data stream and ideal channel, this conditional
probability of error is given by [5]:

P,(O,) = (1/2) erfc{/E~~O COS(O,)} (5)

where E, denotes the symbol energy, i.e., E, = (PT,)sinz(nll.).  In this paper, one also
postulates a Tikhonov pdf for O., which is entirely characterized by the variance 02 of
the carrier tracking phase error, When the loop signal-to-noise ratio is high the
Tikhonov pdf can be approximated by

P ( O J  = exp(-0c2/2u2)/[277-02 ]-’R,  - co < Oc < m (6)

For perfect data stream and high-data-rate case (BJR, <<0.1, where B~ and R,
denote the one-sided loop bandwidth and the symboi rate, respectively), the variance of
the carrier tracking phase error, crz, has been found in [5]. For perfect NRZ data
format, it is given by

U* = (l/pO) + (BJRJtanz(nl-l.)

and, for perfect Bi-@ data format, Oz becomes

0 2 = (l/po) + (1/C) tan2(n~1)

where
(E$-NO)

P.  =

(BJRJtan2(m~)’

I/C = (1/2) + (9/16 )( BJRJ-’

(7)

(8)

(9)

- (3/4) (B,/R,)-1exp{-(2/3  )(B[jIl,)}[cos{  (2/3) (BI/R,)}  + 3sin{(2/3)(~~,/R,)}]
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+ (3/1 6)( BJR,)”lexp{-(4/3  )(13JRJ } [cos{(4/s)(~JR,)  }

+ 3sin{(4/3)(BJRJ}] (10)

in the following sections one will determine the conditional error probability ancl
the carrier tracking phase error when the data stream is disturbed by the (Iata
asymmetly,  unbalanced data stream and 1S1 caused by bandlimiting  channel.

3. Combined Effects on I’CM/PM/NRZ  Receivers

To determine the average SER  in the presence of clata asymmetry, unbalanced clata
stream and bandlimiting  channel one will use the same approach presented in [1], i.e., we
will find the probability of error conditioned on the carrier tracking phase error and the
distribution of the phase error, Here the distribution of the phase error will be determined
first.

Since one postulates a Tikhonov distribution for the phase error 0., the variance of
0, completely characterizes the pdf of the carrier tracking phase error. Again using the
linear mociel for the carrier tracking loop one can evaluate modified noise spectral ciensity,
N, resulting from the thermal noise, data asymmetry ancl unbalanced data [1, Eqn  (16)].

“1’o evaluate N one must derive the data power spectrum of an unbalanced and
asymmetric NRZ data stream. Based on the asymmetric and unbalanced data stream
shown in Figure 4(a), [2] has derived the power spectral clensity  for the asymmetric NRZ
data stream generated by a purely random source with a transition density P, less than 1/2
(i.e. unbalanced data stream). The continuous spectrum component (SC(f), the dc (S,C(f))
and harmonics (S,,(f)) components of the asymmetric and unbalanced NRZ data stream are
given by [2]

+ TJsi11(2nfr’J/(  7d_T,)2][ad(p,p,)  <) - as(p,pl)l (11)

%wz(f) = [2P -( 1  -  UP,)]28(f) (12)
w

‘hNRZ(q  =  2(pI/m)2  ~ (l/J~lz)c(~~l~P~C)~(f  -  
‘ll  RS) (13)

m = l
where

al(Pl)  = PSI - P,)[l  + 2(1  - p , ) ]  “  p,’ (14)

a,(p,p,,~) = {3p,3 + p,(l - p,)[l + 2(1 - 2p)]} c0s’(pfr,t) (15)

a3(PlJt) =  pl(l  +  p,2 - p,)cos’(~fI’J + p13cos(2mf1’JJ (16)

a4(P>Pt~t)  = PI(l - p,)(l - 2p)[0.5c0s(2nfl’,C)  - psin(2mf1’, ~)] (17)
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as(P~Pt) = O.sp,(l  - p,)(l - 2p) (18)

●

Where p and p( are defined as the probability of transmitting a + 1 pulse and transition
density, respectively. For a purely random data source, the transition density is given by
P, = 2p(l - p) (20)

Note that when p = p, = 1/2, i.e., the data stream is balanced, Eqns  (1 1)-(13) reduce
to Eqns (21)-(22) of [1]; and when p = p, = 1/2 and ~ = O, i.e., perfect data stream, Eqns
(1 1)-(13) reduce to the well-known  result for a perfect NRZ ranclom data stream [6].

From Eqns  (19) and (20) of [1] and Eqns  (1 1)-(12) above, one obtains the
interference due to continuous spectrum component, ~, and interference caused by dc
component-to-carrier power ratio I/C, respectively, Consequently, the variance of the
carrier tracking phase error can be obtained by using Eqn  (18) of [1]. It is found to be

02 = I/pO + (aY2)tanz(mr1.)  -t (1/2) [2p - (1 - 2kp,)]ztanz(nlt) (21)

where

a /=  ~ H(2n-f) I %C~IcL(f)df (22)
-m

The harmonic components cau.secl  by the asymmetry do not interfere with carrier
tracking because we have assumed that 2B1 c < R,. Having determined the distribution
of the carrier tracking phase error, the error probability conditioned on the phase error,
PC(OJ can be determined. When a sample detector shown in Figure 1 operates in the
presence of data asymmetry and bandlirniting  channel, the combined effects of these two
sources of degradation have been investigated in [3]. However, the approach used in [3]
is not applicable here because it is assumed that the amount of data is known and the
optimum sampling time is not T,. Here we are interested in the performance degradation
of the receiver when the sampling time is T, ancl the amount of data asymmetry is
unknown.

This paper uses slightly different approach than [3] by assuming that the optimum
sampling time is T,. Based on the data asymmetry model presented in Figure 4(a)] of [1],
one has a set of signals contain four clifferent symbols, namely, {Pi~~Z,(t)> i = 1, 2, 3, 4},
with associated probability {pi; i = 1, 2, 3, 4}. We have

\

‘+ 1 -(TJ2) < t s (TJ2)(l + A)

‘lNRZ(t)  = o (23)
elsewhere
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{

- 1 -(TJ2) e t ~ (TJ2)(l - A)
‘2 NRZ(t)  =

o elsewhere

{

+ 1 -(TJ2) < t ~ (1’,/2)
‘ 3  NRZ(t)  =

o elsewhere

[

- 1  -(T,/2)  < t  ~ (TJ2)
p~NR~/(t)  = o ~lsewllere

PI
=  pr{&N~(t)  =  &NRZ(t)}  =  P P ,

P2
=  ‘J{giNJ<Z(t)  =  

g2N[W,(t)}  = (1 -  P)P{

P3 = ‘r{&?iNRZ(t)  =
g3NRZ(t)} =  P(I -  P , )

P4 =  
pdgiNRz(t)  =  gwfw(t)}  =  (1  -  p)(l -  p , )

where the data asymmet~y is defined as

(24)

(25)

(26)

(27)

(28)

(29)

(30)

~ = A12 (31)

For ideal bandpass filter (Eqn (53), [1]) with imperfect data stream, the output of
the filter giNR~(t) corresponding to the inptlt piNJ<~ (t) can be obtained by substituting Eqn
(53) into Eqn  (45) of [1] with P(t) is replaced by PiNRz(t). For NRZ data  format ,
giN~~(t+ kTJ, for i = 1, 2, 3, 4, can be shown to be

1

hww,(t+kT~)  = —
n-

1

si{2nB(t+T,(k+  l/2))}  - si{2n-Il(t+T,(k-l/2-~  ))}] (32)

g2NRZ(t+  ‘T,) = - – [si{2~B(t+T,(k+  1/2))} - si{2rB(t+T,(k-1/2+  ~))}] (33)
T

1
g3N~z(t+kT,) = — [si{2mB(t+T,(k+  1/2))} - si{2mB(t+T,(k-1  /2))}] (34)

7T

&NR7,(t  + kTJ  =  -  fJ3NRz(t+kT,) (35)

Note that the symbols giNRz(t),  i = 1, 2, 3, 4, are independent because d~’s are independent.
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Using the test statistic shown in Eqn (3) one can show that the conditional error
probability of the PCM/PM/NRZ  receiver in the presence of the bandlimiting  channel and
imperfect data channel is

l’.(~e) =  pPr{Z(TJ < 0/0., dO =  +1}  + qPr{Z(TJ > 0/0,, (10 =  -1} (36)

where q = (1 - p), and the overbar clenotes statistical averaging over the joint distribution
of the doubly infinite data sequence d~ and the test statistic Z(TJ for this particular case
becomes:

z(T,) =  E,[+_ 1 ~ Z’dJ~(i)]cos(le  + 11(T,) (37)
k=-m

where ~ 1 corresponds to dO = ~ 1, and the prime in t}~e sum indicates the omission of
the term k = O, and the parameter l~(i) is defined as

CT<
~ ~~Kz(t)gi~Kz(t+  kT,)dt
0“

,i= 1, 2, 3, 4 (38)

!T,

o i gNRZ(t) I 2 ‘ t

where gi~~z(t)  is defined in Eqns (32)-(35) for i = 1, 2, 3, 4, respectively and g~~z,(t)  is the
output of the ideal filter for perfect data stream which is given by [Eqn (54), 1], Note that
in this case we do not have the symmetly  of the signals (because the data under
consideration is imperfect) hence we must take all possible combinations into account when
comput ing  Eqn (36). In order to illustrate the use of Eqn  (36), an example will be
provided for the case M = 1. For M = 1, Ecln (36) becomes

P,(OC) = p[pJpJerfc{~~O(l  + AI(3)  + A+ ,(3))cosOe}

+  pjplerfc{<E~mO(l  + k.1(3) - A+l(l))cosO,}

+ pzp~erfc{~E~O(l  - AI(2)  + A+ I(3)) cosOC}

+ pzplerfc{JE~MO(l  - AI(2)  - A+ I(l)) cosOC}]

+  plpderfc{{E,/NO(l  - A.I(l)  + A+1(4))cosOC}

+ p1p2erfc{J~~O(l  + A.1(4) - A+ ,(2))cosOC}

- t  p~pderfc{J~O(l  + A.,(4) +- ~, 1(4))  cos~.}] (39)
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The conditional error probability for M = 2 is shown in the appendix. The average
probability of error can be found by substituting Eqn (36) and the pdf for the phase error
just found above into Eqn (4) and performing the numerical integration in digital
computer. The results of the calculations are shown in Figures 1-3 for the second order
Phased-Locked Loop (PLL)  with the tramfer function given by Eqn  (24) of [1].

Figure 1 plots the SER as a function of symbol SNR in cIB for fixed data asymmetry
~ of 2 % and BT, = 3 with p, probability of mark, is a parameter. This figure indicates
that, for nl~ = 1.25 rad, 2BJR, = 0.001, the SER degrades seriously as p deviates from
0.45. As mentioned in [1], the typical values for ml = 1.25 rad and 2BJR, =0.001  are
chosen because the performance of PCM/PM  approaches the icleal BPSK.

Figure 2 shows the SER performance for various values of data asymmetry with BT,
= 3 and p = 0.45. The symbol SNR degradation is less than 0.5 dB for ~ = 6 96.
Furthermore, this figure shows that PCM/PM/NRZ is not sensitive to data asymmetly,
because the symbol SNR degradation is between 0.1-0.2 cIB when ~ varies between 2-6 %,

Figure 3 illustrates the SER performance in the presence of bandlimiting  channel.
The figure plots SER as a function of symbol SNR for ~ = 2 %, p = 0.45 with BT, is a
parameter. The results show that, for BT, = 3, the symbol SNR degradation is at the order
of 0.4 cIB or less when the SER is between 10”J-10 -7.

4: Combined Effects on PCM/PM/Bi-@ Receivers

Using the same approach as shown in Section 3, one proceeds with the derivation
of the power spectral density for the asymmetric Bi-@ data stream generated by a purely
random NRZ source with a transition density P, less than 1/2. Based on the model of
asymmetric and unbalanced data stream shown in Figure 4(b) of [1] one has a set of signals
contain four different symbols, namely, {PiIii.@(t),  i = 1, 2, 3, 4}, with associated probability
{p’i; i = 1, 2, 3, 4}. One has

\

+1

P1l,i.+(t) =  - 1

0

“ - 1

I

P*[]i@(t)  =  +  1

0

-(TJ2) g t < (ATJ4)

(ATJ4)  < t ~ (TJ2)(l + A/2)

elsewhere

-(T,/2)  ~ t s -( A”r,/4)

-( AT,/4) < t ~ (rr,/2)(1 - A/2)

elsewhere

(40)

(41)
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[

+  1  -(TJ2) ~ t < (ATJ4)

P31,i.4(t)  = - 1  (AT,/2) < t  ~ (TJ2)

o elsewhere

(42)

P,,,i.d(t)  =

- 1  -(TJ2) s t s -( AT,/4)

+  1  -(ATJ4) c t ~ (TJ2) (43)

L O elsewhere

P’1
=  pr{gi~]i.~(t)  =  glBi.~(t)

P’* = l’r{gi~ji.~(t)  =  
g2Bi-f$(t)

P’3
=  pr{gi~i.+(t)  =  

g31\i-@(t).

=  PPI (44)

= (1 - p)p, (45)

=  P(I - P I ) (46)

p’~ =  
pr{giI]i-~(t)  = g4Bi-@(t)} = (1  -  P ) (l  -  P,) (47)

where the data asymmetry for Bi-@ is defined as

( = A/4 (48)

It should be mentioned that the power spectral density for a purely random Bi-@
data with perfectly balanced data stream has been derived in [4]. Using the same technique
presented in [4] and together with Eqns  (40)-(47) we can show that the power spectral
density for an asymmetric and unbalanced data stream illustrated in [Figure 4(b), 1] have
the following form

‘Bi-d(q  = ‘cBi-@(o +  ‘dcIJi-@(o  +  ‘hBi-o(q (49)

where SC1li.@(~, SdC~,.@(f) and  ‘hBi-& are the continuous spectrum, dc and harmonic
components of the imperfect Bi-@ data stream, respectively. They are given by

SCDi.@(f)  = T,p,(l - p,)[sinz(~frJ2)/(~ffJ2)]2

-  TJCI(Ptj~) +  c2(Ptjt)  + c3(p,)][sir~(~tffs)/(fiff,/z)]2

-  TJC4(P7PVC) +  cJp,, k)][sin(Ttfr,/2)]’

- Tsc6(P,P,,t)[siIl(ntfr,/2)/(Tff,/2)]2

+ T,cT(p,p,,  ~)[sin(nfr,{ I + t M2)@-fr,2)]2

+- q’,c~(p,p,,~)[s in(~fr,{  1- ~ }/2)/( 7Tf1”,/2)]z

46
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sdcDi.4(f)  = ~’(2 - p,)’ a(f)

Slllli.o(f)  = (2/T)2 ~(1/n]2)[H1(m,p,  p,,~)+ Hz(nI,p,p,,~)+  HJ(nl,p,pl,~)]8(f  - nlR,)
m = 1

where

cl(p,,~)  = 2p~sin2[~ff,(l  + t)/2][ptsinz[7-rtTJl  - <)/2] + (1 -P,)~os(~~frJ]

c2(pt,C) = p,2(l - p,)cos(m~fr,)[2si112  [fifT,(l - ~)/2] - sin2(n_~iT,/2)]

C3(P,) = P,(1 - P,)[l - p, + (2P, - 3)c0s(fifrJ4)]

c,(p,p,,~) = 2pp,(l - pt)(l - 2p)sin2[dTJ2]sin[  3dT’,~/2]

CJp,>t)  = p,’[(1 - p,)sin(wfT,~)sin[mfT,  t/2J

+ sin(7r~ffJsin(57rfT, ~/2){ 1- cos(7rfTJcos(7rff,~)}]

c&p~,t)  = - p,[(l - p)(l - p,) + l/2p,2]cos[7rfTJl  - &)/4]

-  pp,(l  -  pp,)cos[rfl,(l + t)/4]

+ p,’[cos(37rtfrJ  + (1 - p,)cos(27r~fr,)]

c7(p,p,>E) = pt[p12sin2[mff,(l  - ~)/2] - 2(1 - p,)(pz - 0,5p,) sin2(dT,/2)cos(fifT,~)

+ p(l - pp,)sin2[dT,(l  -i- ~)/2]

C8(PJPPL) =  Pt[p(l  -  ppt) +  (1  -  P,)(I -  2p)]sin2[~fr’,(1  -  <)/2]

+ 2p,(1 - p)(l - p,)si#(~frJ2)c0  s(~iT,~)

Hl(m,p,p,,t) = p,’[sinz(mwc)[l  +2h1(nl,  {)]z+ (1-2p)2cosz(nlw  ~)[l-2h1(nl, &)]z]

H~(nl,p,p,,~)  = 2p,[2sin2(nln~)cos(  nl~k)[l  + 2hI(nL  t)]

+ (I - 2p)2cos(n1wc)[1  - 2hl(n~, {)]hz(n~,p,  >t)]

(51)

(52)

(53)

(54)

(55)

(56)

(57)

(58)

(59)

(60)

(61)

(62)

(63)

where the parameters hi(m, ~) and hz(m,p,, ~) in 13qns (61)-(63) are defined as



COS2(I:V7r~/2),  m odd
hl(m,~) = (64)

sin2(n17r~/2),  m even

II,(nl,p,,c)  = (1 - p,)(-1 )’” - ~os(znl~t) (65)

lfweletp= p,= 1/2, then Eqns  (50)-(52) reduce to the results for balanced data
stream (or data stream with equiprobab]e  symbols) presented in [4]. Furthermore, if we
let p = p~ = 1/2 and ~ = O, then Eqns  (50)-(52) recluce .to the well-known result for a
perfect Bi-#  data stream [6].

Since 2BJR, <<1, the harmonic components in Eqn  (97) do not cause interference
to the carrier tracking and the variance of the carrier tracking phase error in the presence
of unbalanced and asymmetric Bi-g5 data stream becomes

02 = I/pO + (a/2) tan2(nl~)  + (1/2)(2 - p,)zkztanz(nl,) (66)

where

a f= ‘] H(2774) I 2scBi-@(f)df (67)
-ccl

The conditional probability of error for this case is the same as Eqns (36) and (39)
except that the parameter Ak(i) is replaced b y

[
T,
g~i-~(t)giBi.@(t+kT,)dt

o
A,(i) = , i = l , 2 , 3 , 4 (68)

/
T,

I gBi-o(t) I 2  ‘ t
o

where gi~i.d(t)  is the output of an ideal bandpass  filter corresponding to the input  PiIli.O(t)j
for i = 1, 2, 3, 4, and g~i.d(t)  is the output of the ideal filter for a perfect data stream whic}l
is given by [Eqn (55), 1]. The output response girji.d(t+  kT,), for i = 1, 2, 3, 4, can easily be
shown to be

1
glIli.@(t+kT$)  = — [si{2~B(t  + T,(k  -t 1/2))} - 2si{2v13(t + T,(k-~))}

n-

+ si{2n-B(t+T,(k-l/2-L) )}] (69)
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1
g211i.@(t+  kT~) = - —~ [si{2~B(~+TJk+  l/2))}

+ si{2mB(t+T,(k-1/2+  ~))]

1

2si{2~B(t+T,(k-t- ~))}

(70)

g3Bi-4(t+kTs) = – [si{2m13(t+T,(k-t  1/2))} - 2si{2~B(t+T,(k-  ~))}
T

+ si{2wB(t-t-T,(k-l/2)  )}] (71)

1

g4~~i-@(t+  kT~) =  - — [si{2mB(t+T,(k+  1/2))} - 2si{2m13(t-tT,(k+  k))}
T

+ si{2~B(t+T,(k-1  /2))}] (72)

Using the variance found in Eqn (66) and the parameter Ak(i) found in Eqn  (68) the
average error probability can be calculated as before and the results for the second order
PLL [Eqn (24), 1] are shown in Figures 4-6. These figures plot the SER  as a function of
symbol SNR for ml = 1.25 rad and 2B1/R,  = 0,001,

Figure 4 presents the SER  performance for fixed WI’, of 3 ancl ~ = 2 % with p is
a parameter. This figure shows that the performance of PCM/PM/Bi-Phase  is also sensitive
to unbalanced data when there exists data asymmetry. The symbol SNR degradation is
more than 1.2 dB when p deviates from 0.45.

Figure 5 shows the behavior of PCM/PM/Bi-Phase  in the presence of data
asymmet~y.  For fixed values of BT, = 3, p = 0.45, the results shows that the SER
performance is quite sensitive to data asymmetry, In [1] we have pointed out that in order
to compare the results presented in Figure 5 with those in Figure 2 for NRZ data, use
equal amounts of asym~ilet~y  as measured by the actual time displacement of both
waveforms transitions. For a fair comparison, we replace ~ in Figure 5 by 2~ when
compared with Figure 2. As an example, the SER curve for PCM/PM/NRZ  operating at
2 % data asymmetry shown in Figure 2 corresponds to the 4 % data asymmetry curve for
PCM/PM/Bi-@ shown in Figure 5.

Figure 6 depicts the SER  performance for PCM/PM/Bi-Phase  for bandlimiting
channel. Numerical results show that the performance is susceptible to bandlimiting
channel. For ~ = 2 % and p = 0.45, The degradation is unacceptable for BT, = 1, ancl
is about 0,5 dB or more when BT, = 3.
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S. Numerical Results and Discussions

Performance comparisons between PCM/PM/NRZ  and PCM/PM/Bi-@ are illustrated
in Figures 7-9 for uncoclecl  systems. These figures plot the SER  performance as a function
of symbol SNR for ml. = 1.2S racl and 211 L,/R,  = 0.001. Figure  7 compares the performance
of PCM~M/NRZ  and PCM/PM/Bi-@ in the presence unbalanced data, For a fixed data
asymmetry of 2 %, this figure shows that both PCM/PM/NRZ  and PCM/PM/Bi-@
experience unacceptable degradations when the probability of transmitting a + 1 pulse
deviates from 0.5, and that PCM/PM/NRZ  is more sensitive to unbalanced data than
PCM/PM/Bi-@,

Figure 8 shows the performance comparison for both systems with data asymmetry
as a parameter. As the data asymmetry increases from O to 2 % the SER performance of
PCM/PM/Bi-@ degrades seriously. For p = 0.45, 13T, = 3, ~ = 2 % and SER ~ 10”4, the
degradation in symbol SNR for PCM/PM/Bi-@ is about 1.5 dB or more, and less than 0.5
dB for PCM/PM/NRZo

Figure 9 compares the SER performance for both systems for fixed data asymmetry
of 2 % and p = 0.45 with B1, (bandwidth-to-data rate ratio) as a parameter. For IIT, =
1, the symbol SNR degradation for PCM/PM/13i-rj is unacceptable. On the other hand,
uncler  the same operating conditions, the symbol SNR clegradation  for PCM/PM/NRZ.  is
l e s s  t h a n  1  dB for SER  ~ 10-J. For BT, = 3, the symbol SNR degradations for
PCM/PM/NRZ  and PCM/PM/Bi-@ are at the order of 0.2 dB and 0.8 dB or less for SER
> 10”6, respectively. This figure also shows that PCM/PM/Bi-@ is more susceptible to
bandwidth constraint t}~an PCM/PM/NRZ.

Since the international Consultative Committee for Space Data System (CCSDS)
recommends the convolutional coding scheme with rate 1/2 constraint length 7 for space
telemetry signal, we are interested to determine the symbol SNR degradation for coded
PCM/PM/NRZ  and PCM/PM/Bi-@ systems due to the presence of both imperfect data
stream and 1S1. As mentioned earlier in [3], an exact analysis for coded systems is not
possible. [3] suggested that the symbol SNR degradation clue to imperfect data stream and
1S1 can be estimated from the decoder bit error performance curve and the results shown
Figures 1-6 and the ideal bit error performance curve by assuming that the coding is
transparent to the imperfect data stream ancl 1S1 and using the uncoded energy-to-noise
density ratios corresponding to the coded bit energy-to-noise density ratios at the desired
bit error rates. Tables 1 and 2 show the symbol energy-to-noise density ratio (EJNO)
degradations in dB for PCM/PM/NRZ and PCM/PM/Bi-@, respectively. The numerical
results presented in these tables are for m.l = 1.25 rad, 2BJR, = 0.001, < = 2 % and p =
0.45. The selected values of EJNO presented in these tables are 0.8, 1.5 and 1.95 dB. The
selected values correspond to bit energy-to-noise density ratios E@O  = 3.8, 4.5, and 4.95
dB which correspond to Viterbi  decoder bit error probabilities Pb = 10-J, 10”s and 10-6, for
rate 1/2 and constraint length 7, respectively,
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Table 1. Degradation Due to Imperfect Data and 1S1 for Rate 1/2 Convo]utionally
Encoded Random NRZ Data, Jn~. = 1,25 rad, 2B[,/R, = 0.001, p = 0.45, ~ = 2 !ZO.

—

Symbol SNR Degradation, A(dB)
SER E,/NO, dB

——
Elrr, = 1 B-1’, = 2 BT, = 3

~(y 0.80 0.30 0.05 0.01 —
~()-s 1.50 0.37 0.08 0,06

IO-6 1.95 0.47 0.10 0,07
—

Table 2. Degradation Due to Imperfect Data and 1S1 for Rate 1/2
Encoded Random Bi-$ Data, n~~ = 1,25 rad,  2Bl,/R,  = 0.001, p =

Convolutionally
0.45, ~ = 290.

Symbol SNR Degradation, A(dB)
SER E,/NO, dB —

BT, = 1 13T, = 2 WI’, = 3 —
~()-4 0.80 2.53 0.4 0.25 —
~()-s 1.50 2.95 0.8 0.55

jo-6 1.95 3.33 0.9 0.63
.



6. Conclusion

Combined effects of theimpcrfect  clata stream and ISI caused bytl~ebal~dlil~litil~g
channel on the performance of PCM/PM  col~~lll~lI~icatior~s  systems are investigated in this
paper. Analy t ica l  models  to  predic t  the  SER performance for both uncodecl
PCM/PM/NRZ  and PCM/PM/Bi-@ systems were derived. In acidition, the symbol SNR
degradations for rate 1/2 constraint length 7 convolutional cocled systems are also
evaluated.

Numerical results show that theoretical predictions for the total symbol SNR
degradation of the receivers due to the presence of both imperfect data and 1S1 are not the
algebraic sum of each symbol SNR clegradation  due to a single source of clegradation  found
in [1]. The results also show that, for 2 % data asymmetry, both PCM/PM/NRZ  and
PCM/PM/Bi-#  are susceptible to unbalanced data stream, and that PCM/PM/NRZ  is more
sensitive to unbalanced data than PCM/PM/Bi-@. On the other hand, PCM/PM/Bi-@ is
more susceptible to data asymrnetly  while PCM/PM/NRZ  is not.

Furthermore, the results show that, for BT, = 3, the SER performance of
PCM/PM/NRZ  is acceptable for both near eart}l and deep space missions. However, for
PCM/PM/Bi-@, the SER performance is found to be unacceptable for deep space missions
and may be acceptable for near earth missions.
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Appendix
The conditional probability of error for M = 2

p.(~.) =  p[p3pSpspSerfc{{E./N.(l  +  A.*(3) + A.,(3) +  A,(3) +  &(3)) cosOc}

-t pdpzplp~erfc{/L~O(l  - 1.Z(4) - 1.1(2) - ~1(1) - ~z(4))cos@,}

+  pzpJpsplerfc{/E,/N.(1  - ~.z(2) + ~.1(3) + AI(3) - &(l)) cosO.}

+ pdp2p3plerfc{4~7NO(l  - A.Z(4) - A.1(2) + AI(3) - AZ(I) )COSOC}

+  p3pJp3plerfc{~E,/NO(l  +  ~.2(3) +  ~.1(3) +  kI(3)  - ~~(1) )coso,}

+  p3p~plpzerfc{~.,/NO(l  + 1.Z(3)  + A.,(3) - ~1(1) + ~2(z))cos~e}

+  plp2p~p3erfc{~E~O(l  +  A.Z(2) - ~.1(3) + ~1(3) + ~z(l ))cos~~}

- t  pzp3p~p3erfc{{~O(l  -  A.Z(2) +  ~.1(3) + ~1(3)  +  ~2(3))c@e}

+  p3p3p1p4erfc{/~o(l  + kz(3) + A.,(3) - A , ( 1 )  -  A~(4))cosoe}

+  plpzplpzerfc{~E~.(l  + 1.2(1) - A.1(2) - Al(l) + A2(2))cosoe}

+ plp2p3p1erfc{~E,/NO(l  -1- A.Z(l) - A.,(2) + ~1(3) - ~z(l))cos8~}

+ pdpzpJpJerfc{~E~o(l  - ~.z(4) - ~.1(2) + ~1(3) + ~2(3))COS~~}

+  p~psplpZerfc{~E,/N.(l  - A.2(2) -t A.1(3) - Al(l) + AZ(2) )COSOC}

+  plp2plpderfc{fE~(l  + A.z(l) - A.*(2) - ~1(~) - ~z(4))cos~~}

+  p2p3plp1erfc{~F~O(l  - 1.Z(2)  + A.,(3) - Al(l) - ~z(4))cos~.}

+ p,p2plp2erfc{fE,/NO(l  - k.z(4) - k.1(2) - A,(1) + AZ(2) )COSOC}]

+ q[pJplp2p3erfc{  /E~O(l - A.Z(3) - k.,(l) - AI(2) - Az(3))cosO~}

+  pJpipipJerfc{[I~O(l  +  A.Z(4) +- Al(d)  +  ~1(~) +- ~z(4))cos~C}
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.

+  pzplpzplerfc{@/NO(l  + A.Z(2) - A.,(l) - AI(2) + Az(l))costl,}

+  p~p~pzplerfc{~E~.(l  + ~.2(4) -t- 1.1(4) - A,(2)

+ p~plp~plerfc{[F~.(1  - L(3) - A.L(I) - AL(2) +

+ p3p1pJp2erfc{{E~o(l  - k.2(3) - A.,(l) + ~1(4) -

+  plp4p2p3erfc{~E70(l  -  A.Z(2) + ~.1(4) -  ~1(2) -

+ p2p1p2p3erfc{~F~o(l  + AZ(2) - Al(l) - A,(2) -

+ pSplp4plerfc{~F~.(1  - 1.2(3) - ~.l(l ) + ~1(4) + ~2(4))cos8,  }

+  p1pJpJp2erfc{/~o(l  - A.2(1) + AI(4)  + ~1(4) - 12(2) )cosOe}

+  plpdpzp,erfc{/ETo(l  - A-2(1) + A.1(4) - AI(2) + A2(l))cosOe}

+ pdp.ipzpserfc{~Ex.(1  + &(4) + ~.1(4) - ~1(2) - ~2(3))COSd~}

-f- p2p1p4p2erfc{{~O(l  + A2(2)- al(l) + kl(4)  - AZ(2) )COSOC}

+  plp~pdp~erfc{~F~o(l  - A.Z(l) + A,(4) + AI(4) + AZ(4) )COSOe}

+ 12(1) )COS0,}

L(l) )moe}

A42))COSOC}

L(l)) cosoe}

A~(3))cosoe}
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+  pzplpdp~erfc{~ET.(1  + A.Z(2)- A.,(1) +- AI(4) +  A2(4))cosoe}

+ p4p~p4p2erfc{~F~O(l  + 1.Z(4) + ~.,(4)  + k,(4)-  ~~(z))cos~e}]
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Figure 2. SER f o r  V a r i o u s  V a l u e s  o f  D a t a  A s y m m e t r y
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Figure 3. PCM\PM\NRZ-SER  f o r  V a r i o u s  V a l u e s  o f  B T
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Figure 5. Bi-Phase–SER  With Data Asymmetry
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Figure 9. Performance Comparison for Bandlimiting  Channel
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